The turbine-combined free-piston engine generator (TCFPEG) is a hybrid machine, generating both mechanical work from the gas turbine and electricity from the linear electric generator for battery charging. In the present study, the system performance of the designed TCFPEG system is predicted using a validated numerical model. A parametric analysis is undertaken based on the influence of the engine load, valve timing, the number of linear generators adopted, and different fuels on the system performance. It is found that when linear electric generators are connected with the free-piston gas turbine, the bottom dead centre, the peak piston velocity, and engine operation frequency are all reduced. Very minimal difference on the in-cylinder pressure and the compressor pressure is observed, while the peak pressure in the bounce chamber is reduced. When coupled with a linear electric generator, the system efficiency can be improved to nearly 50% by optimising engine load and the number of the linear generators adopted in the TCFPEG system. The system is able to be operated with different fuels as the piston is not limited by a mechanical system; the output power and system efficiency are highest when hydrogen is used as the fuel.
Introduction
The free-piston engine (FPE) is a linear engine, which eliminates the crankshaft system in the conventional reciprocating engines, and the piston assembly has a free and linear motion between its two dead centres [1] . The FPE was first proposed around 1930, and it is known to have greater thermal efficiency than a conventional engine of similar size [2] . During the operation of the FPE, the high pressure exhaust gas after combustion pushes the piston assembly backwards, and a proper load is required to convert the mechanical energy of the piston assembly for the usage of the target application [3] .
Previously reported FPE applications mainly include a free-piston engine gas turbine that uses the exhaust gas from the FPE to drive a gas turbine to generate mechanical power, a hydraulic free-piston engine that outputs hydraulic power, and a free-piston engine generator that generates electricity [4] [5] [6] [7] . The main characteristics and a review of each FPE application mentioned above will be summarised in this section.
Free-Piston Engine (FPE) Powered Gas Turbines
The SIGMA GS-34 was designed and built in the 1940s. It was a diesel-fuelled, opposed piston FPE configuration, which drives a power gas turbine with the exhaust gas from the FPE. This has been the most successful FPE application, with over 300 units sold in Europe [8] . This device has become a popular prototype for followers due to its key advantages. For example, General Motor This design is based on the TCFPEG engine, and it is similar to the SIGMA GS-34 system [8] . This is an opposed free-piston engine with the linear generators decoupled from the common combustion chamber (labelled 4) in the centre. It has two valves, namely an intake valve (labelled 1) for charge intake and a transfer valve (labelled 2) for the supply of compressed charge from the compression chamber (labelled 6) to the air-box (labelled 5). The system also has two ports called the intake port (labelled 3) for the flow of compressed charge from air-box to combustion chamber and the exhaust port (labelled 11) to expel burnt gases into the exhaust manifold (labelled 9). The turbine (labelled 10) is coupled to the exhaust manifold of an engine. The opposed pistons of the TCFPEG system are divided into air piston (labelled 7) and power piston (labelled 12). The power piston compresses the air-fuel mixture in the combustion chamber for combustion, and the air piston only compresses air in the compressor chamber and bounce chamber (labelled 8). The bounce chambers are located at both ends of the system and are filled with air to supply bouncing forces while being compressed. The air-box stores the compressed charge from the compressor chamber. The system is connected to linear generators (labelled 13), which generates electricity. Figure 2 illustrates the working of the TCFPEG in detail. The working cycle of the TCFPEG can be divided into combustion, expansion/suction, scavenging/exhaust, and compression phases as shown in Figure 2a -d, respectively. The system works on the principle of a two-stroke internal combustion engine. Starting with the combustion phase, the compressed charge gets combusted in the combustion chamber (labelled 4), as depicted in Figure 2a . During this phase, all valves and ports of the system are in the closed position. As shown in Figure 2b , the combustion during the combustion phase produces elevated pressure, which pushes the two pistons outward. During this phase, the intake valve (labelled 1) opens, and fresh charge enters the compressor chamber.
As shown in Figure 2c , further outward movement of the piston opens the intake port (labelled 3) and the exhaust port (labelled 11). The fresh charge from the air-box enters into the combustion chamber through the intake port. This fresh charge then flows along with burnt gases to the exhaust manifold through the exhaust port. Figure 2d shows the compression phase. During this phase, the transfer valves are opened, and the energy accumulated in the bounce chamber pushes the pistons towards the combustion chamber. The fresh charge inside the compressor chambers gets compressed and delivered into the air-box through the transfer valves (labelled 2). The further movement of the pistons covers the intake and exhaust ports and compresses the charge in the combustion chamber, and the cycle repeats. This design is based on the TCFPEG engine, and it is similar to the SIGMA GS-34 system [8] . This is an opposed free-piston engine with the linear generators decoupled from the common combustion chamber (labelled 4) in the centre. It has two valves, namely an intake valve (labelled 1) for charge intake and a transfer valve (labelled 2) for the supply of compressed charge from the compression chamber (labelled 6) to the air-box (labelled 5). The system also has two ports called the intake port (labelled 3) for the flow of compressed charge from air-box to combustion chamber and the exhaust port (labelled 11) to expel burnt gases into the exhaust manifold (labelled 9). The turbine (labelled 10) is coupled to the exhaust manifold of an engine. The opposed pistons of the TCFPEG system are divided into air piston (labelled 7) and power piston (labelled 12). The power piston compresses the air-fuel mixture in the combustion chamber for combustion, and the air piston only compresses air in the compressor chamber and bounce chamber (labelled 8). The bounce chambers are located at both ends of the system and are filled with air to supply bouncing forces while being compressed. The air-box stores the compressed charge from the compressor chamber. The system is connected to linear generators (labelled 13), which generates electricity. Figure 2 illustrates the working of the TCFPEG in detail. The working cycle of the TCFPEG can be divided into combustion, expansion/suction, scavenging/exhaust, and compression phases as shown in Figure 2a -d, respectively. The system works on the principle of a two-stroke internal combustion engine. Starting with the combustion phase, the compressed charge gets combusted in the combustion chamber (labelled 4), as depicted in Figure 2a . During this phase, all valves and ports of the system are in the closed position. As shown in Figure 2b , the combustion during the combustion phase produces elevated pressure, which pushes the two pistons outward. During this phase, the intake valve (labelled 1) opens, and fresh charge enters the compressor chamber. (c) Scavenging and Exhaust: intake (3) and exhaust ports (11) are in an open position. The linear electric machines are operated as a generator during the expansion process to produce electricity, then they are switched to a linear motor to act as active controllers for driving the pistons to the set dead centres. The design parameters of the TCFPEG system are listed in Table 1 , which are in accordance with the parameters of the SIGMA GS-34 system. 
Simulation Model and Validation

Mathematical Modelling
The dynamic equation for the forces acting on each piston is expressed in Equation 1, in accordance with Newton's Second Law. Mechanical friction force, force from the linear electric machine, force from the in-cylinder gas, and inertia of the moving mass are the forces acting on the pistons.
where (unit: N) is the gas force from the combustion chamber; ⃑ (N) is the gas force from the compressor; ⃗ (N) is the gas force from the bounce chamber; (N) is the force output from the linear electric machine-a parameter that is varied depending on whether the machine is operated in motoring or generation modes; (N) is the mechanical friction force; (kg) is the moving mass of the piston assembly with the mover of the electric machine, (m) is the mover displacement.
The in-cylinder gas was considered as an ideal gas in a closed system but parameterised for gas leakage past the pistons (blow-by) and heat transfer [25] [26] [27] . The analysis of the in-cylinder gas As shown in Figure 2c , further outward movement of the piston opens the intake port (labelled 3) and the exhaust port (labelled 11). The fresh charge from the air-box enters into the combustion chamber through the intake port. This fresh charge then flows along with burnt gases to the exhaust manifold through the exhaust port. Figure 2d shows the compression phase. During this phase, the transfer valves are opened, and the energy accumulated in the bounce chamber pushes the pistons towards the combustion chamber. The fresh charge inside the compressor chambers gets compressed and delivered into the air-box through the transfer valves (labelled 2). The further movement of the pistons covers the intake and exhaust ports and compresses the charge in the combustion chamber, and the cycle repeats.
The linear electric machines are operated as a generator during the expansion process to produce electricity, then they are switched to a linear motor to act as active controllers for driving the pistons to the set dead centres. The design parameters of the TCFPEG system are listed in Table 1 , which are in accordance with the parameters of the SIGMA GS-34 system. 
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where F c (unit: N) is the gas force from the combustion chamber; F comp (N) is the gas force from the compressor; → F b (N) is the gas force from the bounce chamber; F e (N) is the force output from the linear electric machine-a parameter that is varied depending on whether the machine is operated in motoring or generation modes; F f (N) is the mechanical friction force; m (kg) is the moving mass of the piston assembly with the mover of the electric machine, x (m) is the mover displacement.
The in-cylinder gas was considered as an ideal gas in a closed system but parameterised for gas leakage past the pistons (blow-by) and heat transfer [25] [26] [27] . The analysis of the in-cylinder gas properties during the compression and expansion phases of the cycle is based on a zero-dimensional thermodynamic approach. More details about the FPEG model can be found in our previous publications [25] [26] [27] . Imperative assumptions for the present study are listed below:
• During the gas exchange process, when the intake or exhaust port is open, the in-cylinder pressure is equal to the charge air exhaust back pressure.
•
In-cylinder gas kinetic and potential energy is neglected.
In-cylinder gas is considered to be a homogeneous medium, uniform in both temperature & composition.
Based on ideal gas equations and the energy conservation equation, a thermodynamic model is derived and expressed in Equation (2) [27] :
where γ is the ratio of the heat capacities; m air is the mass of the gas in the cylinder (kg); V is the volume of the cylinder (m 3 ); Q c is the heat released from the combustion process (J); Q ht is the heat transferred to the cylinder wall (J); m i is the mass flows into or out of the cylinder (kg); h i is the specific enthalpy of the mass flow (J kg −1 ). A reversible isentropic compression & expansion process was considered for air inside the bounce chamber and compressor. By using a user-defined start-of-compression pressure and the instantaneous bounce chamber compression ratio, it was found that the force from the chamber is proportional to the chamber pressure [28] .
From the First Law of Thermodynamics, a turbine model was developed that governs the thermodynamic state of the outgoing flow along with the produced mechanical power at a given isentropic efficiency [8] :
where P mch is the power of the turbine;
. m is the mass flow; h in is the inlet enthalpy; h out is the outlet enthalpy; ∆h s is the change in isentropic enthalpies; η s is the isentropic efficiency of the turbine. The subscript s is for isentropic state change.
Validation Results
It was recognised that currently, there is a lack of technical performance data that underpins the TCFPEG concept. In light of this, the best and most relevant data was obtained from a literature review, which identified data obtained from a 1960 commercial free-piston engine gas turbine called SIGMA GS-34 [29] . This work offered, albeit with limited accuracy (based on the techniques applied) relative to modern data diagnostics, in-cylinder pressure, piston displacement, and pressure in the bounce chamber. The SIGMA GS-34 is a gas turbine system similar to that shown in Figure 1 , however, without the integration of a linear electric generator. As a result, in the comparison, the linear generator is disabled during the simulation. The system design parameters and operation conditions i.e., injected fuel mass, inlet pressure, etc., are set to the same value as the SIGMA GS-34 described in [8] . Due to the limitation of the available test data from SIGMA GS-34, the cylinder pressure-piston position profile is compared and shown in Figure 3 .
stroke thermodynamic cycle with the account of heat transfer and gas leakage parameters. The result from this analysis showed a superior thermal efficiency for FPEG than a conventional reciprocating engine [27] .
All numerical models should be considered to have inherent shortcomings based on the results observed (shown in Figure 3 ), and by considering the robustness of the historic experimental data, it was considered that the model was of sufficient accuracy to explore the characteristics of engine performance. The simulated values for compression and expansion processes were commendably concurrent with the test results, and the difference in peak-pressure rise was no greater than 5 bars. Furthermore, the work produced by the engine and the engine efficiency can be confidently predicted using this simulation model, as the area bounded by the two cycles are alike. 
System Performance Prediction
Introduction
The system performance for the addition of the linear generator is compared here. Simulation results from the piston dynamics, engine in-cylinder thermodynamics, and system power output were collected and compared. The system power output of the TCFPEG system is illustrated in Figure  1 . The two linear alternators shown in Figure 1 are disabled during the compression process; they are operated as resistance forces and output electricity during the expansion process. The power piston is at its bottom centre at the beginning of the simulation, and it is assumed to be controlled to arrive at the same top dead centre. The other parameters like injection timing and the injected fuel amount remain unchanged.
System total output power = Linear generator electric power output + Gas turbine output power
The design parameters of the free-piston engine were fixed during the simulation. The parameters of the linear electric generator adopted in the FPEG developed at Newcastle University (shown in Figure 4a ) were used during the simulation, and the number of linear generators connected Over recent years, the model has been developed and applied by the authors to explore numerous FPEG configurations [1] [2] [3] 7, 14, 15, [22] [23] [24] [25] [26] [27] [28] . In each case, many of the adopted sub-models (electric machine piston control, heat transfer, gas exchange, piston compression, expansion, etc.) have been parameterised based on numerous experimental observations. There are two linear generator setups available at the Sir Joseph Swan Centre for Energy Research, similar to that applied here. Our models of the linear machine have been cross-validated with all our available data on their performance [30] . The spark-ignited FPEG model has been validated by taking both air leakage and heat transfer into consideration. The simulation showed prominent results with the prototype test data for both the starting process and steady operation of FPEG [25] . The analysis has been done on the parameters of heat transfer and gas leakage to simplify the dynamic equation for an FPEG to one-degree forced vibration system. The model was successfully validated with respect to experimental data obtained from a prototype. The simulated piston displacement during steady operation showed similar trends with the test results, and the displacement amplitude error was controlled within 3% [26] . The numerical model is used to explore the techno-feasibility of a FPEG prototype by four and two-stroke thermodynamic cycle with the account of heat transfer and gas leakage parameters. The result from this analysis showed a superior thermal efficiency for FPEG than a conventional reciprocating engine [27] .
All numerical models should be considered to have inherent shortcomings based on the results observed (shown in Figure 3 ), and by considering the robustness of the historic experimental data, it was considered that the model was of sufficient accuracy to explore the characteristics of engine performance. The simulated values for compression and expansion processes were commendably concurrent with the test results, and the difference in peak-pressure rise was no greater than 5 bars. Furthermore, the work produced by the engine and the engine efficiency can be confidently predicted using this simulation model, as the area bounded by the two cycles are alike.
System Performance Prediction
Introduction
The system performance for the addition of the linear generator is compared here. Simulation results from the piston dynamics, engine in-cylinder thermodynamics, and system power output were collected and compared. The system power output of the TCFPEG system is illustrated in Figure 1 . The two linear alternators shown in Figure 1 are disabled during the compression process; they are operated as resistance forces and output electricity during the expansion process. The power piston is at its bottom centre at the beginning of the simulation, and it is assumed to be controlled to arrive at the same top dead centre. The other parameters like injection timing and the injected fuel amount remain unchanged.
System total output power = Linear generator electric power output + Gas turbine output power
The design parameters of the free-piston engine were fixed during the simulation. The parameters of the linear electric generator adopted in the FPEG developed at Newcastle University (shown in Figure 4a ) were used during the simulation, and the number of linear generators connected with the free-piston engine can be modified. As a result, the electric power extracted from the TCFPEG system can be modified by varying the number of the linear generators connected. By increasing the number of linear generators connected with the free-piston engine, additional electric power can be extracted from the TCFPEG system. with the free-piston engine can be modified. As a result, the electric power extracted from the TCFPEG system can be modified by varying the number of the linear generators connected. By increasing the number of linear generators connected with the free-piston engine, additional electric power can be extracted from the TCFPEG system. The linear electric generator acts as a resistance force on the piston, which is in the opposite direction to the piston velocity. The value of the resistance force from the generator is simplified to be proportional to the piston velocity, the coefficient is decided by the design parameters of the linear generator, and the external load is connected with the generator to store the electricity. The load constant for each of the generators is 810 N/(m·s −1 ). An illustration of system configuration with a connection of 4 linear generators is shown in Figure 4b. 
Power Output
The data in Table 2 shows a comparison of the performance for the addition of 4 linear generators. Four linear generators were selected here in order to achieve approximately 30% of the power being extracted via the linear generator. The other input parameters for the simulation model remained the same, and engine load was set to 65% of its full load. The system performance with different engine loads will be presented in the following sections. The piston top dead centre (TDC) is assumed to be controlled to the same point by an active system controller with the addition of the linear generator. It was found that the generator reduces the piston stroke, as the electromagnetic force from the generator applies against the piston movement. The turbine energy output was also reduced because the overall operating pressure drops, and a slight decrease of engine efficiency was also observed. A proportion of turbine energy is transferred to the generator output; however, the higher total power The linear electric generator acts as a resistance force on the piston, which is in the opposite direction to the piston velocity. The value of the resistance force from the generator is simplified to be proportional to the piston velocity, the coefficient is decided by the design parameters of the linear generator, and the external load is connected with the generator to store the electricity. The load constant for each of the generators is 810 N/(m·s −1 ). An illustration of system configuration with a connection of 4 linear generators is shown in Figure 4b. 
The data in Table 2 shows a comparison of the performance for the addition of 4 linear generators. Four linear generators were selected here in order to achieve approximately 30% of the power being extracted via the linear generator. The other input parameters for the simulation model remained the same, and engine load was set to 65% of its full load. The system performance with different engine loads will be presented in the following sections. The piston top dead centre (TDC) is assumed to be controlled to the same point by an active system controller with the addition of the linear generator. It was found that the generator reduces the piston stroke, as the electromagnetic force from the generator applies against the piston movement. The turbine energy output was also reduced because the overall operating pressure drops, and a slight decrease of engine efficiency was also observed. A proportion of turbine energy is transferred to the generator output; however, the higher total power output returns better system efficiency. The "overall system efficiency" looks at the entire systems from the initial input to the final output. When the TCFPEG is coupled with a linear generator, the system produces electrical power along with indicated power and turbine power for a given input. Without the linear generator, the TCFPEG doesn't produce electric power, which reduces the overall system efficiency. The values for the engine load, valve timing, and the number of linear generators adopted, etc., were not optimised at this stage, and it is believed that the system efficiency can be improved with further optimisation of system operation conditions. 
Energy Distribution
The chemical energy from the burned fuel is transferred to turbine power output, electric power, and system frictional loss, and part of the energy is consumed by heat transfer through the cylinder, gas leakage through the piston rings, exhaust gas, etc. The energy distribution of the burned fuel is illustrated in Figure 5 . The energy taken by the heat transfer through the cylinder, gas leakage through the piston rings, exhaust, etc. is marked as "Others" in Figure 5 . The system frictional loss is low compared with the traditional reciprocating engines (nearly 10% of the indicated power) [32] . It is found that more than half of the chemical energy from the burned fuel is consumed by "Others", i.e., energy lost as heat to the jacket water and the exhaust gas. system produces electrical power along with indicated power and turbine power for a given input. Without the linear generator, the TCFPEG doesn't produce electric power, which reduces the overall system efficiency. The values for the engine load, valve timing, and the number of linear generators adopted, etc., were not optimised at this stage, and it is believed that the system efficiency can be improved with further optimisation of system operation conditions. 
The chemical energy from the burned fuel is transferred to turbine power output, electric power, and system frictional loss, and part of the energy is consumed by heat transfer through the cylinder, gas leakage through the piston rings, exhaust gas, etc. The energy distribution of the burned fuel is illustrated in Figure 5 . The energy taken by the heat transfer through the cylinder, gas leakage through the piston rings, exhaust, etc. is marked as "Others" in Figure 5 . The system frictional loss is low compared with the traditional reciprocating engines (nearly 10% of the indicated power) [32] . It is found that more than half of the chemical energy from the burned fuel is consumed by "Others", i.e., energy lost as heat to the jacket water and the exhaust gas. 
Piston Dynamics
The comparison of piston position with the addition of the linear generator is illustrated in Figure 6a . The number of the generators adopted was set to 4. When the free-piston engine is connected with a linear generator, the bottom dead centre achieved is lower, and less energy is stored in the bounce chamber. The free-piston engine stroke decreases by 1.3% (from 507.5 mm to 500.7 mm) 
The comparison of piston position with the addition of the linear generator is illustrated in Figure 6a . The number of the generators adopted was set to 4. When the free-piston engine is connected with a linear generator, the bottom dead centre achieved is lower, and less energy is stored in the bounce chamber. The free-piston engine stroke decreases by 1.3% (from 507.5 mm to 500.7 mm) when a linear generator is connected. The force from the linear generator acts as a resistance force on the piston, i.e., it helps slow down the piston during the expansion process. The data shown in Figure 6b demonstrates the piston velocity with/without the linear generator. If a linear generator is connected, the peak piston velocity is reduced by 3.3% (0.53 mm). In addition, the engine operation frequency is higher without the addition of the linear generator. When a linear generator is connected, the free-piston engine operation frequency is 11.9 Hz, and it improves to 12.0 Hz without the connection of a linear generator. 
Engine Thermodynamics
The cylinder pressure with the addition of the linear generator is shown in Figure 6c . The power piston is assumed to be controlled to the same top dead centre position. When the same ignition timing and injected fuel amount are employed, the achieved peak cylinder pressure is the same. Very minimal difference is observed as the influence of the resistance from the linear generator is not significant relative to the combustion force.
The comparison of the cylinder pressure force with the resistance force from the linear electric generator is shown in Figure 6d . The peak cylinder pressure achieved is approximately 110 bar, so the peak cylinder pressure force can reach up to 1000 kN. While the maximum resistance force from the linear generator is nearly 20 kN, it is much lower than the peak cylinder force. As a result, with the addition of the linear electric generator (of comparable size with the one selected in this section), the influence on the piston net force is not significant. As a result, it appears that the piston dynamics and system thermodynamic performance are not affected significantly with the addition of the generator.
The data shown in Figure 7a are the gas pressure in the bounce chamber. It was found that without the linear generator, the peak pressure achieved in the bounce chamber is approximately 5 bars higher than that with the linear generator. Without the linear generator, the mechanical energy of the piston during the expansion process is converted to the compression energy of the gas in the bounce chamber, thus a higher peak pressure is observed. It is to be noted that when the free-piston engine is connected to a linear generator, part of the mechanical energy of the piston will be converted to electricity by the generator. The data shown in Figure 6b demonstrates the piston velocity with/without the linear generator. If a linear generator is connected, the peak piston velocity is reduced by 3.3% (0.53 mm). In addition, the engine operation frequency is higher without the addition of the linear generator. When a linear generator is connected, the free-piston engine operation frequency is 11.9 Hz, and it improves to 12.0 Hz without the connection of a linear generator.
The data shown in Figure 7a are the gas pressure in the bounce chamber. It was found that without the linear generator, the peak pressure achieved in the bounce chamber is approximately 5 bars higher than that with the linear generator. Without the linear generator, the mechanical energy of the piston during the expansion process is converted to the compression energy of the gas in the bounce chamber, thus a higher peak pressure is observed. It is to be noted that when the free-piston engine is connected to a linear generator, part of the mechanical energy of the piston will be converted to electricity by the generator. bars higher than that with the linear generator. Without the linear generator, the mechanical energy of the piston during the expansion process is converted to the compression energy of the gas in the bounce chamber, thus a higher peak pressure is observed. It is to be noted that when the free-piston engine is connected to a linear generator, part of the mechanical energy of the piston will be converted to electricity by the generator. The gas pressure in the compressor is shown in Figure 7b . The thermodynamic process in the compressor is assumed to be an isentropic process. The inlet pressure for the compressor is assumed to be equal with the ambient pressure. The valve is assumed to be open immediately, and the pressure in the compressor is assumed to be equal with the ambient pressure instantly after the inlet valve of the compressor opens. The changing trend of the compressor pressure is the same when a linear generator is connected.
Parametric Analysis
Different Engine Load
The engine's power output can be adjusted by varying the injected fuel mass. The effect of varied engine load on the engine performance was simulated. The combustion process was assumed to be perfect. The data in Figure 8a shows the cylinder pressure vs piston displacement of the TCFPEG system at varying engine load from 60% to 100% in 10% intervals. The number of linear generators connected with the free-piston was set to 4 and the other input parameters remained the same. The power piston was at its bottom centre at the beginning of the simulation and it was assumed to be controlled to arrive at the same top dead centre. The peak cylinder pressure varied in positive correlation with the engine load, with higher engine load corresponding to higher cylinder pressure. This is due to burning of more fuel during the combustion process. The gas pressure in the compressor is shown in Figure 7b . The thermodynamic process in the compressor is assumed to be an isentropic process. The inlet pressure for the compressor is assumed to be equal with the ambient pressure. The valve is assumed to be open immediately, and the pressure in the compressor is assumed to be equal with the ambient pressure instantly after the inlet valve of the compressor opens. The changing trend of the compressor pressure is the same when a linear generator is connected.
Parametric Analysis
Different Engine Load
The engine's power output can be adjusted by varying the injected fuel mass. The effect of varied engine load on the engine performance was simulated. The combustion process was assumed to be perfect. The data in Figure 8a shows the cylinder pressure vs piston displacement of the TCFPEG system at varying engine load from 60% to 100% in 10% intervals. The number of linear generators connected with the free-piston was set to 4 and the other input parameters remained the same. The power piston was at its bottom centre at the beginning of the simulation and it was assumed to be controlled to arrive at the same top dead centre. The peak cylinder pressure varied in positive correlation with the engine load, with higher engine load corresponding to higher cylinder pressure. This is due to burning of more fuel during the combustion process. The influence of engine load on the piston displacement is shown in Figure 8b . With a higher engine load, the piston bottom dead centre and the engine's operating frequency are higher. When The influence of engine load on the piston displacement is shown in Figure 8b . With a higher engine load, the piston bottom dead centre and the engine's operating frequency are higher. When the engine load changes from 60% to 100%, the piston bottom dead centre increases by 3.4% (from 498.1 mm to 515.0 mm), and the engine operation frequency increases by 6.5% (from 11.8 Hz to 12.6 Hz). As the piston is not limited by a mechanical system, its movement is affected by the net force acting on it. With a higher engine load, corresponding to more energy released during the combustion process, the pressure force acting on the piston is higher, and the piston will move faster. As a result, more mechanical energy at the piston is generated, and more compression energy will effectively be stored in the bounce chamber to stop the piston.
The system power output with different free-piston engine loads is presented in Figure 8c . The total amount of turbine power output and electric power is marked as "useful power" in Figure 8c . At higher engine loads, the engine indicated power, turbine output power, and electric power output from the linear generator increases. The changing rate of the engine indicated power is higher. When the engine load is set to 100%, the useful power output is approximately 1 MW. This indicates that with a TCFPEG system of comparable size to the one used in this research, the system output power is able to reach the 1 MW target by varying the system operation conditions.
The system efficiency with different free-piston engine loads is shown in Figure 8d . It was found that the system efficiency is higher with a partial engine load. This is because the linear generator electric power is not increased significantly with the engine load. When the engine load is set to 60% of its full load, the system efficiency achieved is approximately 33.1%, which is 1.4% higher than that with a full engine load. Meanwhile, the inlet temperature of the gas turbine is lower when the engine is operated at partial load, which is better practice for maintaining the integrity of gas turbine components.
Effect of the Number of Linear Generators Connected with the Free-Piston Engine
When a linear electric generator is coupled with a free-piston engine, it was found that the power output can be further increased. The number of linear generators connected with the free-piston engine can be varied. The other input parameters remained unchanged during the simulation. The fuelling rate is 5670 mg/cycle (engine load nearly 100%). The linear generator extracts energy during the power expansion stroke, and the force from the linear electric generator acts as a resistance force on the piston. During the compression stroke, the linear electric machine can be used as an active controller to ensure a stable combustion process. The inlet mass flow rate of the gas turbine is determined from the fuel injection amount, air fuel ratio used in the simulation, and the engine operation frequency, which was in the range of 2.5-3.0 kg/s during the simulation presented in this section. Figure 9a ,b shows the system power output and efficiency, respectively, with the number of linear generators connected with the free-piston engine changing from 0 to 16 with an interval of 4. When the number of linear generators is higher than 16, the outward dead point of the piston and the peak pressure in the bounce chamber are significantly reduced. Consequentially, the bouncing force is not enough to drive the piston to the desired compression ratio, which may lead to engine misfire.
Based on the simulation results, the turbine energy output is slightly reduced because the overall operating pressure and mass flow rate drops. More energy extracted by the generator would cause the reductions of engine frequency as a larger generator applies higher force against the piston. Without the linear electric generator, the power output from the free-piston engine coupled with gas turbine (similar configuration with the SIGMA-GS34 system) is nearly 800 kW, with a system efficiency of approximately 25%. When coupled with a linear electric generator, the system power output increases and the system efficiency can be improved to nearly 50%. More power is obtained with more linear generators connected with the free-piston engine, while higher generator output may not be realistic, considering the physical limitation of the linear generator. Based on the simulation results, the turbine energy output is slightly reduced because the overall operating pressure and mass flow rate drops. More energy extracted by the generator would cause the reductions of engine frequency as a larger generator applies higher force against the piston. Without the linear electric generator, the power output from the free-piston engine coupled with gas turbine (similar configuration with the SIGMA-GS34 system) is nearly 800 kW, with a system efficiency of approximately 25%. When coupled with a linear electric generator, the system power output increases and the system efficiency can be improved to nearly 50%. More power is obtained with more linear generators connected with the free-piston engine, while higher generator output may not be realistic, considering the physical limitation of the linear generator.
Different Valve Timings
This analysis seeks to fix the pressure ratio (PR) across the gas turbine to its maximum component efficiency by controlling the FPEG operating parameters to maintain this pressure ratio. The impact of the other free-piston engine control parameters was explored in order to maximise the overall system efficiency. This study attempts to achieve this by increasing the overall system PR, above what would conventionally be achievable with a standalone gas turbine, by extracting any excess energy in the FPEG unit, and thus still maintaining the optimal PR across the gas turbine. The Figure 9 . System sensitivity to the number of linear generators.
This analysis seeks to fix the pressure ratio (PR) across the gas turbine to its maximum component efficiency by controlling the FPEG operating parameters to maintain this pressure ratio. The impact of the other free-piston engine control parameters was explored in order to maximise the overall system efficiency. This study attempts to achieve this by increasing the overall system PR, above what would conventionally be achievable with a standalone gas turbine, by extracting any excess energy in the FPEG unit, and thus still maintaining the optimal PR across the gas turbine. The analysis involved varying the FPE compression ratio whilst optimising the exhaust valve opening timing and fuel flowrate to maintain optimal turbine PR. The overall system efficiency was monitored.
The exhaust valve opening timing is defined as the distance from the centreline to the valve opening position. It determines the position where the high-pressure combustion products inside the cylinder will be released into the exhaust manifold. Therefore, the later the valve opens, the further the piston will travel during the outward stroke of the expansion process. If the exhaust valve opening position is further from the centreline, the piston travels further outward, and the engine operation frequency increases as the higher pressure makes the piston move faster. This can be seen clearly in the piston velocity-displacement profile in Figure 10a . The dashed lines in Figure 10a refer to corresponding exhaust valve opening positions distinguished by different colours. the piston will travel during the outward stroke of the expansion process. If the exhaust valve opening position is further from the centreline, the piston travels further outward, and the engine operation frequency increases as the higher pressure makes the piston move faster. This can be seen clearly in the piston velocity-displacement profile in Figure 10a . The dashed lines in Figure 10a refer to corresponding exhaust valve opening positions distinguished by different colours. It is obvious that the later the exhaust opens, the larger the outward centre, leading to higher bounce chamber pressure and an effective compression ratio. The power piston was at its bottom dead centre at the beginning of the simulation, and it was assumed to be controlled to arrive at the same top dead centre. The effect of change in exhaust valve opening position on the in-cylinder pressure and piston displacement spectra is shown in Figure 10b . The other parameters like injection timing, injected fuel amount, intake valve opening/closing timing, exhaust valve closing timing etc. It is obvious that the later the exhaust opens, the larger the outward centre, leading to higher bounce chamber pressure and an effective compression ratio. The power piston was at its bottom dead centre at the beginning of the simulation, and it was assumed to be controlled to arrive at the same top dead centre. The effect of change in exhaust valve opening position on the in-cylinder pressure and piston displacement spectra is shown in Figure 10b . The other parameters like injection timing, injected fuel amount, intake valve opening/closing timing, exhaust valve closing timing etc. remained unchanged throughout the simulation. The engine load was set to 65% of its full load condition.
From the simulation results above, by adopting different exhaust valve opening positions, the piston velocity and cylinder pressure profiles are affected. The piston velocity is one of the key parameters influencing the electric power output, and the cylinder pressure affects the inlet temperature and pressure ratio of the gas turbine. The system power output is changed with different exhaust valve opening positions, which is shown in Figure 11a . It was found that the later the exhaust valve opens, the higher electric power can be achieved, while the turbine output power increases significantly with earlier exhaust valve opening timing. The total amount of the turbine output power and the electric power, or the system whole power output, increases with earlier exhaust valve opening timing. The system whole power output can, in principle, reach 900 kW when the exhaust valve opens at 0.05 m from the centre line.
minimal compared with that on the gas turbine output power (as shown in Figure 11a) . Thus, the whole system efficiency is improved with an earlier opening timing of the exhaust valve. The whole system efficiency can reach up to 48% when the exhaust valve opens at 0.05 m from the centre line. When the exhaust valve opening position is set to 0.05 m from the centre line, the distribution of the burnt fuel is shown in Figure 12 . 
Potential for Fuel Flexibility for a TCFPEG
This analysis explores how the proposed TCFPEG system might operate successfully when using different fuels. Similarly, the pressure ratio across the gas turbine is set to the component optimal operating performance, and the FPEG will be used to extract useful work and control the temperature and pressure to the inlet of the gas turbine.
The following representative fuels were used: (1) natural gas, (2) diesel, (3) hydrogen, (4) Figure 11 . Influence of different exhaust valve opening times on performance.
The whole system efficiency and the free-piston engine efficiency with different valve opening positions is shown in Figure 11b . With later exhaust valve opening timing, a higher free-piston engine efficiency will be achieved. It should be noted that in the simulation, the influence of the exhaust valve opening timing on engine scavenging performance is not considered, thus, the free-piston engine efficiency is much higher than that in the literature. In practical, very late exhaust valve opening timing is not suggested, as it might reduce the scavenging efficiency, thus reducing the corresponding engine efficiency, while the whole system efficiency is higher with earlier exhaust valve opening timing. Opening the exhaust valve earlier leads to more of the energy generated by the exhaust gas via the turbine, while the influence on the linear generator electric power output is minimal compared with that on the gas turbine output power (as shown in Figure 11a) . Thus, the whole system efficiency is improved with an earlier opening timing of the exhaust valve. The whole system efficiency can reach up to 48% when the exhaust valve opens at 0.05 m from the centre line. When the exhaust valve opening position is set to 0.05 m from the centre line, the distribution of the burnt fuel is shown in Figure 12 . 
The following representative fuels were used: (1) natural gas, (2) diesel, (3) hydrogen, (4) ammonia. During the simulation, the engine was operated at partial load, and the released heat per cycle as fixed with different fuels. The excess air ratio was set to 2.0, and the exhaust valve opening position was set to 0.25 m from the centre line. The system output power with different fuel types is shown in Figure 13a , and the corresponding system efficiency is shown in Figure 13b . It was found that the system is able to be operated with different fuels as the piston is not limited by a mechanical system, thus the engine compression ratio is variable, making it flexible to meet fuel specific limitations. 
The following representative fuels were used: (1) natural gas, (2) diesel, (3) hydrogen, (4) ammonia. During the simulation, the engine was operated at partial load, and the released heat per cycle as fixed with different fuels. The excess air ratio was set to 2.0, and the exhaust valve opening position was set to 0.25 m from the centre line. The system output power with different fuel types is shown in Figure 13a , and the corresponding system efficiency is shown in Figure 13b . It was found that the system is able to be operated with different fuels as the piston is not limited by a mechanical system, thus the engine compression ratio is variable, making it flexible to meet fuel specific limitations.
The output power and system efficiency are highest when hydrogen is used as the fuel. The difference in electric power output is not significant with different fuels, while turbine output is much higher when using hydrogen as fuel input. The combustion properties of hydrogen such as high calorific value, flame speed, and shorter quenching distance produces effective combustion with a high amount of energy compared to other fuels used in the present study. These unique combustion characteristics of hydrogen fuel makes the TCFPEG system to achieve maximum efficiency and power output. The corresponding system efficiency can reach up to 36% without further optimisation. When diesel and natural gas are selected as fuel input, the system efficiency is approximately 27% for both. The system efficiency achieved was lowest when using ammonia as the fuel, which is around 24%. The output power and system efficiency are highest when hydrogen is used as the fuel. The difference in electric power output is not significant with different fuels, while turbine output is much higher when using hydrogen as fuel input. The combustion properties of hydrogen such as high calorific value, flame speed, and shorter quenching distance produces effective combustion with a high amount of energy compared to other fuels used in the present study. These unique combustion characteristics of hydrogen fuel makes the TCFPEG system to achieve maximum efficiency and power output. The corresponding system efficiency can reach up to 36% without further optimisation. When diesel and natural gas are selected as fuel input, the system efficiency is approximately 27% for both. The system efficiency achieved was lowest when using ammonia as the fuel, which is around 24%.
Conclusions
In this study, the performance of the designed TCFPEG system was predicted using a validated numerical model. The influence of engine load and valve timing on engine performance were analysed. The effect of adaptation of a number of linear generators and different types of fuels on system performance were carried out to find its efficiency and output. The outcomes of the present investigation are summarized below. 
In this study, the performance of the designed TCFPEG system was predicted using a validated numerical model. The influence of engine load and valve timing on engine performance were analysed. The effect of adaptation of a number of linear generators and different types of fuels on system performance were carried out to find its efficiency and output. The outcomes of the present investigation are summarized below.
• The analysis confirmed that the peak cylinder pressure varied in positive correlation with the engine load without notable effect on the engine compression ratio.
• With a higher load, the engine operated at higher frequency, and its indicated power changing rate was developed. The system attained more efficiency, whereas the inlet temperature of the turbine was lowered at partial engine load.
• It was found that the bottom dead centre (BDC), the peak piston velocity, and the engine operation frequency were all reduced when linear electric generators were connected to the system. Very minimal difference in the in-cylinder pressure and the compressor pressure were observed, while the peak pressure in the bounce chamber was reduced.
• The system's total output and efficiency were increased when it operated at 65% of engine's total load with 4 linear electric generators. Meanwhile, the turbine power output was reduced due to a drop in operating pressure.
•
The system achieved 25% of efficiency when it operated without a linear electric generator. This could be improved to nearly 50% by optimising the engine load and the number of linear generators adopted in the TCFPEG system. • It was found that the system gives more power output and efficiency with the use of hydrogen fuel compared to other fuels. With the hydrogen fuel, the system efficiency could reach up to 36%, and it was around 24% for ammonia as a fuel. 
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